The convolution sums £) a ( m ) <7 ( r * -5m) and £ c{m)a(n -7m) are evaluated m<n/5 ,m<n/7 for all n 6 N.
INTRODUCTION.
Let N denote the set of natural numbers. We set d\n where d runs through the positive integers dividing n. If n £ N we set a k {n) = 0. We write cr(n) for <7\{n). We define the convolution sum W k {n) by ( 
1.1) W k (n):= J2 <r{m)<x(n-km), m<n/k
where m runs through the positive integers < n/k. The sum W k (n) has been evaluated for k = 1, 2, 3, 4, 6, 8, 9 and 16 for all n 6 N, see [4, 7] (k = 1), [7, 8, 9 ] {k = 2, 3, 4), [2] {k = 6), [11] (* = 8), [8, 9, 10, 12] (Jfc = 9), [1] (fc = 16). For k = 5 Melfi [8, 9] has shown that for n = 8 (mod 16), n ^ 0(mod 5)
In this paper we make use of some recent results of Berndt, Chan, Sohn and Son [3] to evaluate W 5 (n) and W 7 (n) for all n e N. We prove
where tie c 5 (n) (n € N) are integers defined by
The first twenty values of c 5 
n=l n=l
It is convenient to set
.
We define cs(n) and cy{ri) by (1.3) and (1.4) respectively. It is clear that c^{n) 6 Z. We shall show that c T (n) e Z in the proof of Theorem 2. From (1.3), (1.4) It is a classical result that (T\jn)(7(n -m) = --c see for example [7] . Also Appealing to Theorem 1, (3.6) and (3.7), we obtain c 5 (5n) = -5c 5 (n), n € N, from which (3.5) follows. [6] 4. P R O O F OF THEOREM 2.
It is convenient to set (4.1)
H:
where A and C are defined in (2.3). [8] Appealing to (2.6), (4.5) and Lemma 4.7, and equating coefficients of q n , we obtain the formula for W 7 (n) in Theorem 2.
We now show that the c 7 (n) are integers. It is easy to check that for all n e N we have (73(71) = a(n) (mod 3) and CT 3 (n) = (2n -\)a[n) (mod 4). Similarly to the proof of (3.5) we can use Theorem 2 to show that (4.6) c 7 (7*) = (-1)*7*, ifceNu{0}.
